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FENIKO AYKEIO ..o ZXOAIKO ETOZX: 2006-2007

FPATTTEX TTPOATQITKEY & ATTOAYTHPIES ENAOZXOAIKEY EZETAZEIX
TTEPIOAQY MAIQY - IOYNIOY

FEQQMETPIA MENIKHZ TTAIAEIAZ B’ AYKEIOY

EIZHIHTHZ:
OEMATA

Oéua 1°

A. Av ol TpoekTdoei¢ 3Uo xopdv AB, TA evéc kUKAou TépvovTal og onpeio P, va amodeieig
(10u.) OT1 10XVEL: PA-PB = P"PA

B. Na peTagépeic oTto TeTpdd16 gou TNV akdAoubn mpdTaon r
(4u.) OUUTTANPWHEVN oWOTA:
oUl@wva Je Tn yevikeuon Tou tuBayopeiou Oswphpartog
yia Tnv TAgupd a Tou Tpiywvou ABT mou PAéTtw SitrAa
1OXUEL @2 = oo A A B

. Z70 oxhua dimAa, 6mou K=90°, n dUvapn Tou onueiou M
(51.) WG TTPOC Tov KUKAo diapéTpou KA eivar:

a. MA? B. KA? - KM? Y. MA? - KA? 3. KA?
M

A. XapakThpioe TIC akOAoUBeC TTPoTAoEIC e évav ATTd TOUG XAPAKTNPIOWOUC: AAnBric 1 Yeudtic
(6u.)

a. av AA civai To Oyoc opBoywviou Tpiywvou ABT (A =90°) ToTe 10x0er: AA?= BA'BI
62
B. To eppaddv E evocg TeTpaywvou mou £xel diaywvio ion pe & diveTar amo Tov TUTo: E=—

2
3a%43
2

Y. To eupadov E kavovikoU e€aywvou Acupdc a diveTal amd Tov TUTO: E=

Oéua
Ta pAKN Twv TTAcUpWy evocg Tpiywvou ABIT eivar: AB=6, BM'=12 kar F'A=8

A. va amodeifelg 0TI To Tpiywvo auTéd eivar aupAuywvio
(7n.)

B. va umoAoyioei¢ To phkog TnG diapéoou AM
(%u)

. va umoAoyioei¢ To HAKOG TG TTPoPoARC TnG diapéaou AM aTtnv TtAcupa Bl
(%u.)
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Oéua

Eotw Tpamélio ABTA pe AB//TA, AB<TA, A= A=90°, AB=4, AA=3 kai BF=5,
Na umroAoyioeig:

A. Thv TtpoPoAr Tng Bl mavw otn AT
(1)

B. 1o eupaddv tou Tpameliou ABIA
(5u.)

. 1o euPpadédv Tou Tpiywvou ABI
(7u.)

Oéua &

Aivetal nuikUkAio diapétpou AB Kai oTo sowTepIkd Tou Ta huikUKAIG Siapétpwy AT kai B
omou I givail Tuxaio onpeio Tng AB.
H kdBeto¢ Tng AB oTo onpeio I Téuvel To dpx1ko NUIKUKAIO oTo ohpeio A.

A. Na umoAoyioeig To eppadov E Tou xwpiou Tou TrepikAgieTal amd Ta Tpia nHikUKAIG
(10p.)

B. Na amodcifeic 611 To epupaddv E civai ioo pe 1o epPpaddv Tou KUkAou Siapétpou A
(15u.)

KaAn emiruxia !
oTIC EEETAOEIC Kal OX1 LIOVO...

TTaparnpnoeic: - 0To0 YUAAO Twv BepdTwy Ba ypdyeig To dvopd oou Kai TiTtoTe dAAo!
- Ta OXAUATA 00U UTTOPEIC va Ta KAVEIC HE HOAUPI
- UNn HETAPEPEIC TNV KOAAQ OOV TIC EKPWVATEIC TWV OgpdTWyY
- oTa Bépara MoAAATARG eTIAOYAC va amavTAoEIC Xwpic Kapia emeAynon
- didpkela e€éTaong: 2 Wpeg

- -2007

O ATEYOYNTHZ O EIZHTHTHZ
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FENIKO AYKEIO ..o 2ZXOAIKO ETOZX: 2006-2007

FPATTITEX TTPOATQITKEY & ATTOAYTHPIES ENAOZXOAIKEY EZETAXETX
TTEPIOAQY MAIQY - IOYNIOY

MAOHMATIKA OETIKHZ & TEXNOAOIIKHZ KATEYOYNZHZ B’ AYKEIOY

EIZHIHTHZ:
OEMATA

Oéua 1°

A. Na ppei¢ Tnv e€iowon Tou KUKAoU pe kévTpo To onpeio O(0,0) kai akTiva p
(12u.)

B. Na petagpépeic oto TeTpadido gou Thv akdéAoudbn mpdTaon cuNTAnpWUEVN OWOTA:

(7u.)
nh apaPoAn e e€iowon (c): x°=2py éxel: d€ova GUHHETPIAG ....... (2u.) , TAPAUETPO ......... (1p)

d1euBeTovoa ... (2p) Kdl £€0Tid ... n)

. XapakTthpioe TIC akOAouBec TTpoTdoeIC e €vav ATtd TOUG XAPAKTNPIGUoUG: AAn6ric ri Yeudric
(6u.)

a.avd-p=0716Te =0 H p=0
P. kdOe euBcia €xel £vav ouvTeAeoTn dieUBuvong

Y. N epamropévn Hiac apdaPoAnG oThv Kopugn TNG gival TapdAAnAn otnh dieuBeToloa TnG

Oéua 2
Aivovrai Ta onpeia A(8,0) kar B(0,4) Tou kapTeaiavoU emimédou Oxy.

A. va ppei¢ Thv e€iowan The euBciag Tou opileTal amd TV dpXh Twv aldévwy Kai To péco A
(8u.) TOU euBuypdupou TUAKAToc AB

B. va ppeig Thv eiowaon Tng eubciac (g) mou SiépxeTal amd To onpeio A Kai eival KaBeTn
(8u) aTnv euBeia OA

. va Ppeic To euPpaddv Tou Tpiywvou ou axhpatilel n mponyoupevh euBceia (g) pe Toug dfoveg
(%u)
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Oéua
Aivovrai Ta Siavuopata d=(1,2) kai p =(2,3)

A. va Ppeic To péTpo Tou diaviouaroc v =5d - 3p
(8u.)

B. va ppei¢c Tn ywvia ou oxnuarifel To y pe Tov dfova X ' x
(8u.)

. va Ppei¢ Tov TpaypaTikd apiBpd K, wate To didvuopa U = (K2 -k, K) va givar kaBeTo oTo d
(5u.)

Oéua &
Aivetai n e€iowon: x°+y? -2Ax+4Ay-4A%= 0 , Ae(0, +)

A. va amodcifeic 6TI n e§iowan auTh TTapIoTdvel KUKAOUG
(104.)

B. va ppei¢ Ta KEVTPA Kdl TIC AKTIVEC TWV KUKAWY auTwv
(50)

. va PpeIC TO YEWHETPIKO TOTO TWV KEVTPWY TWV TTPoNnyoUHEVWY KUKAWY
(10p.)

KaAn emmiruxia !
oTIC EEETAOEIC Kal OX1 LOVO...

TTaparnpnosic: - 0T0 YUAAO Twv BepdTwy Ba ypdyeig To dvopd oou Kai TiTToTe dAAo |

- Td oXAUATd gou PTToPEIC va Td KAVEIC HE HOAUPI
- UN HETAPEPEIC TNV KOAAQ OOU TIC EKPWVATEIC TWV BgpdTWyY

- oTa Bépara MoAAATAAC eTTIAOYAC va amavTAoEIC Xwpic Kapia eme§Aynon
- didpkela e€éTaong: 2 Wwpeg

- -2007

O ATEYOYNTHZ O EIZHITHTHZ
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FENIKO AYKEIO ..o 2ZXOAIKO ETOX: 2006-2007

FPATTITEX TTPOATQITKEY & ATTOAYTHPIES ENAOZXOAIKEY EZETAZEIX
TTEPIOAQY MAIQY - IOYNIOY

AATEBPA TENIKHZ TTATAEIAZ B’°AYKEIOY

EIZHTHTHZX:

OEMATA

Oéua 1°

A. Ava>0,a#l va anodeieig 61 yia omolouadnmoTe © > O kar keR 10xVel: log.0" = klog.O
(11p.)

B. XapakThpioe TIC akOAoUBeC TTpoTAoEIC He Evav ATTd TOUG XAPAKTNPIOWOUG: AAn6éric ri Yeudric
(8p.)

d. av o un pndevikog aképaiog p diaipei Tov d, TOTE 0 p eival pila Tou TTOAUWVULOU
a,X"+a,1X" ¢ +a1x+a, PE AKEPAIOUC OUVTEAETTEC
v(a, +a,)

B. To dBpoioua Twy v TPWTWY GpwWV Hiag apiBUNTIKAC TTpoddou a, eivai: >

Y. via KdOe OeTIKO TipaypaTiké apiBué x toxver: Inx > 0
9. via KdBe xeR 1oxVer: >0
. Na petagépeic atnv KOAAG oou TIC akOAoUBOEC TTpoTAoEIC CUUTTANPWHEVEG OWOTA:

(6u.)
d. To dBpoioua TWV V TTPWTWYV 0pwV YEWHETPIKAG TTPoOdoU e TPWTO 0po d; Kal Adyo A=l

diveTal amd Tov TUTO: Sy= ...............

P. o TUTOg aAAayng pdong (amo P oe e) Tou logeB eivar: logeB = ........

Oéua

A. Na Aoeic Thv e€iowon: 2x° -9x%+10x-3=0
(15u.)
B. Na Ppei¢ m010¢ 6p0o¢ ThG YEWHETPIKAG TTPOOJOU TTOU £XEI TIPWTO 6p0 To dBpoiaua Twv dUo

1
(10p) peyaAUTepwy pilWwv TS TtponyoUuevng e€iowaong Kai Adyo Tn HikpdTeph pila, 100UTal e 3
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Oéua

Aiverai To moAuwvupo: P(x)=x> -ax-2, aeR To omoio éxel pila dpTio BTG aképaio

A. va Ppeigc Tova
(10.)

B. via a=3, va Ppei¢ TIC TIHEC TOU A WaTe yia To uTdAoiTto U The diaipeong Tou P(x) pe To x+A
(154.) va 1oxVeli: u > -4

Oéua £
AivovTai o1 ouvapThoeig:  f(x)=In(e® -2e*+3) kai g(x)=In3+In(e* -1)

A. va ppeig Ta media opiopol Twv ouvapTAgewy f Kai g
(10p.)

B. va AUoeig Tnv aviowon: f(x) > 2g(x)
(15u.)

KaAr emmiruxia !
oTIC EEETAOEIC Kal OX1 LOVO...

TTaparnpnosic: - 0To PUAAO Twyv BepdTwy Ba ypdyei¢ To 6voud oou Kai TioTe dAAo!
- Td oXAUATd gou PTToPEiC va Td KAVEIC HE HOAUPI
- UNn HETAPEPEIC TNV KOAAQ OOV TIC EKQWVATEIC TWV BepdTWwyY
- oTa Bépara MoAAATAAC eTIAOYAC va amavTAoEIC Xwpic Kapia emeAynon
- didpkela e€€Taonc: 2 Wpeg

- -2007

O ATEYOYNTHZ O EIZHTHTHZ
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FENIKO AYKETIO ..o 2ZXOAIKO ETOX: 2007-2008

FPATTITEX TTPOATQITKEY & ATTOAYTHPIES ENAOZXOAIKEY EZETAZEIX
TTEPIOAQY MAIQY - IOYNIOQY

AATEBPA TENIKHZ TTATAEIAZ B’°AYKEIOY

EIZHTHTHZ:

OEMATA

Oéua 1°

A. Ava>0 pe a#l va amodeifeig 611 yia omoiouadnmoTe 64, 8, > 0 10xVel: logq (6162) = 109,01 + l0g.H>
(15u.)

B. Na xapakTtnpioei¢ TI¢ TTpoTdoeic Tou akoAouBolv, ypdgovTag oTo TETPAdI6 gou Th AéEn
(4p) ZwaTto h AdBo¢ diTtAa oTo ypdupa ToU avTioTolXEi o€ KaBe mpdTach

a. av o Un pndevikog aképaiog p diaipei Tov a, TOTE 0 p eival pila Tou TTOAUWVULOU
aX'+ a1 X"+ . +a; X+ a, HE AKEPAIOUC OUVTEAEDTEC

P. yia kdBe BeTikO TpaypaTiké apiBud x 1oxver: logx >0
. Na petagépeic atnv KOAAA oou TIC akOAoUBEC TTPOTAOEIC CUUTTANPWHEVEG OWOTA.
(6w.)

d. yid TIC YWVieC a kai P 1oxVetr: ouv(a+p) = .........

p. av P, ©>0 kai p=1 T6T€ 0 TUTOG aAAayng Pdong (amé P ot 10) Tou loggB eivar: loggB=........

Oéua
‘EoTtw To moAuwvupo P(x) = (B-a)x® - 3px?+ (a+3p)x - 3 omou a,peR

A. Na Ppei¢c Toug a kai p wote To ToAuwvudo P(x) va éxel mapdyovTeg Ta moAuwvupa: x-1 kar x-3
(10u.)

B. Na AUoeic Thv aviowon: 2x3 +10x > 9x% + 3
(15u.)
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Oéua
Ma pia ywvia a 1oxveri: bouv2a - 14ouva-7=0

3
A. Na amodcieic oT1: ouva = - 5

(10u.)

T ,
B. Av emimAéov 10XVl > <a<m, vaumoAoyioeig Thv gp2a
(15u.)

Oéua &

Aivetai n ouvdpTnon f(x) = In (3e*- *- 2)

A. va Ppeic 1o edio opiopoV TG ouvdpthong f
(10p.)

B. va AUoceic Tnv e€iowon: f(x) = 3x
(15u.)

KaAn emmiruxia !
oTIC EEETAOEIC Kal OX1 LIOVO...

TTaparnpnosig: - 0To PUAAO Twy BepdTwy Ba ypdyeig To 6voud oou Kai TimoTe dAAo!
- Td oXAKATd gou PTToPEiC va Td KAVEIC HE HOAUPI
- UN HETAPEPEIC TNV KOAAQ OOV TIC EKQWVATEIC TWV BepdTWwyY
- oTa Oépara ToAAATTARG €TIAOYAG va aTavTAoeIG XwWpic kapia emeAynon
- didpkela e€€Taong: 2 wpeg

- -2008

O ATEYOYNTHX O EIZHTHTHZ
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FENIKO AYKEIO ..o ZXOAIKO ETOZ: 2007-2008

FPATTTEX TTPOATQITKEY & ATTOAYTHPIES ENAOZXOAIKEY EZETAZEIX
TTEPIOAQY MAIQY - IOYNIOY

MAOHMATIKA OETIKHZ & TEXNOAOIIKHZ KATEYOYNZHZ B’ AYKEIOY

EIZHTHTHZX:

OEMATA

Oéua 1°
A. Na amodeifeic 0TI 0 KUKAOG pE KEVTPO K(Xo, Yo) Kal akTiva p éxel e€iowan: (X-Xo)>+(y-Yo)*=p°

(12u.)

B. Na petagpépeic oto TeTpddid gou Thv akdéAoudbn mpdTaon cudTTAnpwUévhn owaoTd.
(u) n mapaPpoAn pe e€iowon (c): y’=2px éxer: S1euBeTolod ....... Kdl €0Tid ...

. Na xapakTtnpioei¢ TIC TPOTACEIC TTOU akoAouBoUv, ypdpovTac aTo TeTpddié oou Th AéEn
(8u) ZwaoTd N AdBoc¢ diTrAa oTo ypdupa Tou avTioToiXei o KABe TpoTACNh

B. yia dvo diavUoparta d@ Kail vV pe a=0 loxVer: d-v =d-mpop,d
Y. h euBcia x=x, éxel ouvteAeaTth d1e0Buvong O

2
, , , , . , a
Y =1 eival T600 TTIO EMIPAKNG 600 TTIO HIKPOC gival o Adyog b

XZ
9. n €MAel c): —+
n yn () & p?
Oéua 2
‘EoTw Ta Siavdopata d, b Trou oxnuatiouv ywvia % pe |lal=2, |pl=2+2

kai To didvuopa u=2a-p

A. va PpEIC TO ECWTEPIKO YIVOUEVO a —b
(5u.)

B. va amodeifeic 611 |u =22
(12u.)

. va umoAoyioei¢ Th ywvia Twyv d1avUOPATWY d Kai U
(8u.)
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Oéua
Aivovrai o1 euBeieg (g1): Ax-y+1=0 kai (g2): (A+1)x+(A-1)y+4=0 6mou AeR

A. va amodeifeic 6T o1 (g1) kai (g2) TEUvovTal yia KABe A
(5u.)

B. va Ppeig Tnv TIPA Tou A WoTe n euBeia (g2) va eival kABeTn oTnv euBeia ({): x-3y+4=0
(8p.)

. va amodcieic 611 n cuBcia (g2) diépxeTal amd oTaBepd onpeio yia KABe TIPA Tou A
(12u.)

Oéua ¥
Aivetai n e€iowon  (c): x*+y>-2Ax+2Ay+2A*=0, émou AcR

A. va Ppeig yia moieg TIHEC Tou A h e€iowon (¢) apioTdver KUKAo
(8u.)

B. va amodeifeic 4TI yid TIG TIHEC TOU A TOU TtponyoUHEVOU EpWTAKATOC Td KEVTPA TWV KUKAWY (C)
(5u.) €ival onyeia piag mapaPoAnc kai va ppei¢ Thv e€iowon The TTapaPoAng authg

I. avneuBeia (g): x- 2y+1=0 epdnreTar oTnv mapapoAn Tou ponyoUpevou epwThApaTog ato K(X,, Vo)
(12u.) va PpeIg TNV aKTiva ekeivou amd Toug KUKAoug (c) Tou €xel kévtpo To anpeio K(Xo, Yo)

KaAn emiruxia !
oTIC EEETAOEIC Kal OX1 LIOVO...

TTaparnpnosic: - 0T0 PUAAO Twyv BepdTwy Ba ypdyeig To 6voud oou Kai TioTe dAAo!
- Td oXAKATd gou PTToPEiC va Td KAVEIC HE HOAUPI
- UNn HETAPEPEIC TNV KOAAQ OOV TIC EKQWVATEIC TWV BepdTWyY
- oTa Bépara MoAAATTARG eTIAOYAC va amavTAoEIC Xwpic Kapia eme§Aynon
- didpkela e€€Taonc: 2 Wwpeg

- -2008

O ATEYOYNTHZ O EIZHTHTHZ
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FENIKO AYKEIO ...cvivrrccrer. ZXOAIKO ETOX: 2007-2008

FPATTTEX TTPOATQI'TKEY & ATTOAYTHPIES ENAOZXOAIKEY EZETAZETX
TTEPIOAQY MAIQY - IOYNIOY

FEQQMETPIA M'ENIKHZ TTAIAEIAZ B’ AYKEIOY

EIZHITHTHZX:

OEMATA

Oéua 1°

A. Na amodceieic 11 To eupadov E evog mapaAAnAoypdupou pe TAEUpEG a Kal P 1ooUTal He
(10u) TO YIVOUEVO Wiag TTAEUpdg Tou eTi To UYog TTou avTioTolxXei o€ auth, dnA. E=a'u,= P up

B. Na xapakTtnpioeic TI¢ TpoTdoeic Tou akoAouBolv, ypdgovTag aTnv KOAAQ oou Th Aé€En
(ou) ZwaTto h AdBo¢ diTtAa oTo ypdupa ToU avTioTolXei o€ KaBe mpdTach

a. av P gival eowTtepikd onpeio piag xopdng AB evoc KUKAou ToTe h dUvapn Tou P w¢ mpog
Tov KUKAo civai ion pe: PA'PB

2p2 +2y2 - a?

—

y. av AA eivar Uyog evéc opBoywviou Tpiyivou ABF (A=90°) TéTe 10xUer: ATZ=BI'TA

B. via Tn S1dueco pq TpIywvou ABT ioxUer: 2 =

. Av BA civai Uyoc Tou appAuywviou Tpiywvou ABI (T > 90°)
(6u) ToU PAémeic SiTrAd, va HeTAPEPEIC TNV KOAAD ooU 8
TIC AKOAOUBEC TTPOTACEIC CUUTTANPWHEVEC owOTd.

a. oUPPWVA HE TN YeVikeuon Tou TuBayopeiou Bewphpartog: a’=......... ¢

B. oUpPWVA HE TO VOHO TWV CUVNHITOVWY: d’=......

Oéua
Ta pAKN Twv TTAEUpWY evocg Tpiywvou ABT givar AB=6, BM'=12 ka1 T'A=8

A. va amodeifeic 611 To ABT civar appAuywvio
(5u.)

B. va umoAoyioei¢ To phkog Tne diapéoou AM Tou ABI
(8n.)

. va umoAoyioeigc To UAKoG ThG TTpoPoAng Tng diapéoou AM dvw oth Bl
(12u.)
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Oéua

2 ¢ Tpiywvo ABI™ mpoekTeivoupe TIC TTAEUPEC ToU I
katd Tuhpata BA=AB, AZ=AT ka1 TE=BT"
omw¢ oTo diTtAavé axnua.

Na amodeieig ot .
A. (AAZ)=2(ABI)
(10u) B E
B. (AEZ)=7(ABIN)
(15u.)

Oéua &

Aiveral kUkAog (O,R) Kkai onpcia A kai B piag diapétpou Tou TéTola wote: OA=0OB=3.
Av M civai Tuxaio onpeio Tou KUKAou Kai o1 MA kai MB Tépuvouv Tov KUKAo oTa onpeia T kar A
avTioToiXxwg , va amodeifeic oTi:

A. MA'AT=MBBA
(10u.)

M
B. 710 dBpoioya ——+—— cival oTaBepd 67010 KI av gival To onpeio M
AT  BA
(15u.)

KaAn emiruxia !
oTIC EEETAOEIC Kal OX1 LIOVO...

TTaparnpnosic: - 0T0 PUAAO Twyv BepdTwy Ba ypdyeig To 6voud oou Kai TiToTe dAAo!
- Td oXAKATd gou PTToPEiC va Td KAVEIC HE HOAUPI
- UN HETAPEPEIC TNV KOAAQ OOV TIC EKQWVATEIC TWV BepdTWwyY
- oTa Bépara MoAAATTARG eTIAOYAC va amavTAoEIC Xwpic Kapia emeAynon
- didpkela e€€Taonc: 2 Wpeg

- -2008

O ATEYOYNTHZ O EIZHTHTHZ



